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Lemma 4.3 (Hermitization). Let (A, ),>1 be a sequence of complex random matrices
where A, is n x n for every n > 1. Suppose that there exists a family of (non-random)
3 i \_—
probability measures (v, ).cc on R such that, for a.a. z € C, a.s.
¥ c

—— T~—
(i) bj.-l.. o] Vs S T — 00
(ii) log 75 unifarmly integrable for (va,— 1), —D
ZAn=2l/n>

Then there exists a probability measure p € P(C) such that

: r—
(j) a.s. ,rh“ ~ L a8 o — 00

(ii) for a.a. z € C,
( Uu(2) ; —/ log(s) duv.(s).
Jo

Moreover, if the convergence (i) and the uniform integrability (ii) both hold in probabil-
ity for a.a. z € C (instead of for a.a. z € C, a.s.), then (j-jj) hold with the a.s. weak
convergence in (j) replaced by the weak convergence in probability.
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