
Notation

a
,

= a - XI = a - I

L : M →Ruth

a i→ I(Ioglal)

Le :
a -

s
'zL(a*a + c)

-

I → ↳ (a.) is 0in 4
,

and

Qld;) = 4 dad

= GET (Laia > + E)" (axa.it
> 0

.

Hence Lala . ) is subhuman :c int .



↳ I L as
E→O .

Hence L too is subharmoa :c .

Def " : for a .CM
,
and E > 0

,

we define

dm.ae = Theta ,)dX

dpa = Tua
,
)dt .

So give
defile)

( dpa . . . 47
i 044)LkaDdt

c.

( dpa.GS
= ¥10294149,ldt .

¢

The measure dµ is called the Brown

measure of a .



Lemma : If dµ is a measure given

by Cdp , 47 = 1841,47 DX

and if it is 32 with Ff 20 on

an open set B
,

then for AEB

Borel
,

MIA = fn.74.MN .

Pf : If AEB is open. find 9nF 1A

in 371 BY
.

Then

HA) = f1adp= flinch dµ!
"

liyfandp-liyfmnlilt.HN
=

lion fan

.NO#xsdt--flim9nlHTt4)dt=Sa7hfWdX
.
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Lemma :

I '→ ( ( a >) is harmonic outside

of ola) .

Jf : If t.EE Iola)
,

then for I. = to

Had =\ a. a a.) a. =a
- t

= a -↳ tho't

= L(%) + L( a a.) = a hit

= L(%) t L( as.tt . -D

=2Lla×
.

)tL( It 4. - Ha;)

= 2ha ;) + T ( log 11th. -Hai;D

For It - to) small
,

c- ( 1%1/1+4. - 1) a.io/)--ReT(loglItlto.Ha
is the real part of a



holomorphic function
,
and so harmonic

Hence IT'LL;) vanishes on ① local

andd so pictorial)= fthcaddl.io .

Chola)

-

Prop : dm . dpa .

I. e.
,
for

any Gef ?
we have

1dm . .
97 ldra.GS .

pf
(dpa.e.ie) . feel ,D5L.la?dt--IfTH.NLda.tdX

¥5424.NL deliberate
.



Theorem : dpa . . is a probability , i.e ,

Maile ) =/
.

1¥ set g.
IN -- 2 dad

= -T( Laia# Iai)
.

g-For p a polynomial

⇐ (plain)= - c- ( pYa±a a;) .

Since we have a power
series representation

valid on a neighbourhood of 7 and

< (with Red) > o) we get this

identity for Lala = E( loglaia > + d)
too

.b-
For IN > Hall

,
set glt)= -Ella.tt)

=H%#) .




